1. Introduction. Let us say that a group G has the FINITE INDEX property-or G is an FI-group-if, given any subgroup H and any element x in G such that x v eH for some positive integer p, then H has finite index in (H, x). It is easily seen that an FI-group G has the isolator property; that is, the isolator of any subgroup H in G is itself a subgroup. The isolator of a subgroup H in G is, by definition, the set {x e G; x n e H for some n >0} and denoted by VH. However the converse to this is not true, since there are nilpotent groups without the finite index property: for instance, the wreath product G of an infinite elementary abelian p-group H by a cyclic group (JC) of order p, a prime.
An alternate characterisation of FI-groups is given thus; if H, K are subgroups of G and A, B are subgroups of finite index in H, K respectively, then \(H, K):(A, B)\ is finite. It is known (see e.g. [7] , Lemma 3) that nilpotent groups of finite rank have this property. In fact, for groups of finite rank this property holds for any pair of subgroups H and K which are subnormal in their join ( [7] , Theorem 1). Using this one easily proves: Let 77 be any finite non-empty set of primes. Call G a finite TT-index group if for all H<G and xeG such that x n eH for some 7r-number n, the index
H\ is a finite 7T-number. In view of Theorem A of [4] , a finitely generated solvable finite TT -index group is finite-by-nilpotent with the finite subgroup being the direct product of its Hall TT -subgroup and TT' -subgroup. The converse is also true viz. a finitely generated finite-by-nilpotent group, with the finite subgroup being the direct product of a TT -subgroup and 7r'-subgroup, is a finite TT -index group. Most of the standard notation used comes from [5] . We have already defined the term "isolator property" at the beginning of this section. A subgroup H of G is called isolated if \lH = H. If H, K are subgroups of G then we write H~K to mean VH = VK 2. Proofs. Theorem 1 is easy to establish and we only give a sketch of the proof. We require two preliminary results, (the first of which is well known) before proceeding to the proof of Theorem 2. Theorems 3 and 4 require no formal proofs.
Sketch proof of Theorem 1. Suppose G belongs to one of the given classes. We may assume that G = (H, x) and x p eH. If TT denotes the set of primes which do not divide p, then H is TT -isolated in G. Then factoring by the 7r-component of G, we obtain in either case a nilpotent group of finite rank (see [5, Chapter 6] ) and hence an FI-group. LEMMA 
Let A be a torsion-free abelian group of finite rank and Sa 1-1 endomorphism of A. then A/6(A) is finite.
This result is due to Fuchs. A proof appears in [6] , 15.2.3. and Hn^G'^C. Also H/HHC is finite. Let K = (CHH, r). Then \K:CC\H\ is infinite; for suppose this were not so, and let L = Core K (C n H). Then W < H C\ VG' < L < H, and so L<\H and hence L< (H, K) = G. Since |K : C Pi H\ is supposed finite, \C H H : L| is also finite. Thus H/L is a finite subgroup of G/L = (H, T)/L which is therefore a finitely generated periodic solvable group and hence finite, a contradiction. We may therefore replace H by C H H if necessary and assume 
